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ON SOME CLASS ñ (Μ, α, φ ) OF FUNCTIONS DEFINED ON A NON-CLOSED ARC
Introduction.
We shall give the definition of a cla3S fi(M,a, φ) of functions defined on a non-closed arc. u This class contains, among others, the class defined by W.Pogorzelski ([l] , [2] ). A modified definition of the class was given by author in [3]. Let M and α be fixed real numbers,M eÍ0,+°°) and αε <0,1 ). Let φ= φ(6) be a real function, continuous and increasing in the interval (0, + oo), which satisfies the following, conditions :
1° φ (θ ) = 0, 2° A <p(6) >6 6e<0.l> 3° Α Λ φ (ν 6) 4 V' <p(6) Consider a non-cloaed smooth arc L = ab, with ends a and b. Let Lq = L-{a,b|. Por any t e Lq let t* denote this element of the 3et{a,b| for which length tt* = min (lenght at,length tb).
Analogously, for any t^ ε Lq let t^ denote this member of the set |a,b} for which length t^tlj = min (length at^, length t^b). We assume that length tt* < length · Definition.
By the class fi (Μ,α, φ) we understand the set of all functions f(t) of a complex variable t,defined and continuous in the set L0, which for every pair of points t,t, £L satisfy the following inequalities? Moreover it is evident that
Consider now the following function
We shall show that f(t) £ fi(l, α, φ). The function f(t) satisfies inequality (l), In fact, we have
To show that f(t) satisfies inequality (2) we consider four cases.
-4 1 ) -< t < t 1 < 0 -obvious. / t-t 1 \ ψ t-t 1
Since the function f(t) satisfies inequalities (t)and (2) with M=1, we infer that f(t) e fi(l,a,<p).
We shall show that the function f(t) defined in (4) does t u not belong to Pogorzelski a class .
Let t 1= 0 and t è (θ, . 
THE COMPACTNESS OF THE SET R (Μ,α,φ)
It is easy to see that the set fi (Μ,α,φ) is closed and öorrvex.
-55 - where le. denotes-length.
We have the following lemmas. Lemma 1. The functions in the· sequence (10) are uniformly bounded in the set L. Proof.
In view of (8) and (10), for every natural η and every t e L q we have Proof. We consider two cases. 1° Let I t-t.j I > 1. Then it follows from (11) that
2° Let I t-t-j I < 1. In view of (8), (9), (10) 
We shall estimate the component Δ 2 in (l3)»Let r 4 min (1, ) be the radius of a circle K(t*,r) with the center t*. We assume that this circle is sufficiently small in order that it interseot the arc t*t exactly in one point (t n ia the end of the arc L=ab opposite to t*). Let Q denote the middle point of the arc L, *-* *.
If t is an interior point of the arc t*t ,then 1+cc. yd) 4»(|t-t 1 | tx ),lf |t-t t |>1 (17) In view of (12) -C1Τ) we see that there exists a positive constant Κφ which is independent of η and which depends on Μ,χ,α,Γ,Ι and on the function ψ a φ(6) such that for every pair of points t,t^ 6 L we have
Moreover it can be shown that if α » 0 then there exists a positive constant Κφ independent of ri and depending only on Μ,·χ, r,.l and φ = φ(6) such that for every pair of points t, t^ L we have
From (18) and (19) it follows that the functions of the sequence (10) are equicontinuous in the closed set L.
We can now prove the following theorems Theorem. The subset fi (Μ,α,φ) of the Banach spape Λ is compact in itself. [2] W. Pogorzelski: Problèmes aux limites discontinus dans la théorie des fonctions analytiques. Bull.Acad.Polon.Sci.Ser..Sci.
Math. Astronom.Phys. <1959) 7 N° 6, 311-317.
